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Orientation of linear molecules in two-color laser fields with perpendicularly crossed polarizations
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Molecular orientation methods based on nonresonant two-color laser pulses having parallel polarizations have
been reported theoretically and experimentally. In this work, we demonstrate that perpendicularly polarized
two-color laser fields can be used to achieve stronger molecular orientation when nanosecond laser pulses are
used. The two-color fields align the molecules to the two-dimensional plane parallel to the field polarization; at
the same time, they orient the molecules in the direction of the 2ω polarization. We show that the interplay
between the interactions due to the ω- and 2ω-laser fields provides stronger molecular orientation than the
parallel field configuration. This is due to temporally synchronized generations of alignment and orientation,
which reduce the nonadiabatic effects.
DOI: 10.1103/PhysRevA.99.053424

I. INTRODUCTION

Control of the directional features of molecules, by inducing their alignment and/or orientation, is an important tool for
experimental studies performed in the laboratory-fixed frame.
The alignment techniques are well established and have been
utilized in many interesting applications, such as multiphoton
ionization [1], photoelectron angular distributions [2], and
molecular imaging based on high-order harmonic generation
[3–6].
Molecules are aligned when the molecule-fixed axes are
confined along the laboratory-fixed frame. Alignment is based
on the interaction of the molecular anisotropic polarizability and a nonresonant moderately strong laser field [7,8].
Due to the plus-minus inversion symmetry of the laser field,
molecules are aligned along the polarization of the field
without the head-versus-tail order confinement. By breaking
this inversion symmetry, the molecular electric dipole moment
can be confined to a particular direction, and polar molecules
become oriented. Among various experimental techniques,
combined electrostatic and nonresonant laser fields (combined
fields) [9–13], a phase-locked two-color laser field [14,15],
and THz pulses [16–18] create samples of oriented molecules.
For a molecular beam formed from different rotational
states, e.g., a thermal ensemble, the degree of alignment is increased by simply increasing the intensity of the nonresonant
laser pulse. In contrast, the rotational states might be oriented
in opposite directions, and, as a consequence, the orientation
of a molecular beam might be moderate or even small. Particular experimental efforts have been undertaken to improve
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the orientation of molecular samples. A solution to overcome
this difficulty is the orientation of state-selected molecular
beams created by an electrostatic deflector [13,19–21] or a
hexapole focuser [22]. Another solution is using one-color and
delayed two-color femtosecond laser pulses, which selectively
orients half of the rotational states in the same direction
[23–27].
In spite of these experimental advances, nonadiabatic processes prevent one from reaching a high degree of orientation
even when nanosecond laser pulses are used. The nonadiabatic rotational dynamics provokes transitions between
oppositely oriented adiabatic pendular states contributing to
the field-dressed wave function [28]. As a consequence, the
orientation is significantly reduced in comparison to the predictions of the adiabatic approximation [28,29], whereas the
alignment is not affected because these two states lead to
the inversion-symmetric alignment [30]. For the combinedfield orientation technique, the angle between the fields, the
laser pulse width, and the strength of the electrostatic field,
as well as the initial state play crucial roles in the fielddressed rotational dynamics, and become control knobs to
reach higher degrees of orientation [28–33]. For the two-color
laser field technique, the orientation obtained by solving the
time-dependent Schrödinger equation does not agree with the
results from the adiabatic approximation [34]. Possible solutions to reach an adiabatic orientation were investigated for
two-color laser fields with parallel polarizations [34]. Thus,
to reach an adiabatic control of the field-dressed dynamics
has become a challenging subject to achieve higher degrees
of molecular orientation.
In this work, we propose the orientation of linear molecules
using nonresonant two-color laser fields with perpendicularly
crossed polarizations. Analogous to the parallel-polarized
two-color field case, due to the interaction with the molecular
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II. HAMILTONIAN OF THE SYSTEM

We assume the Born-Oppenheimer and rigid rotor approximations to describe the rotational dynamics of linear polar
molecules. Within this framework, the Hamiltonian of a fieldfree linear polar molecule reads
Hrot = BJ 2 ,

FIG. 1. (a) Temporal evolutions of the electric-field components
of parallel and perpendicularly polarized two-color laser fields during one optical cycle of the ω-laser pulse. (b) A sketch (not to
scale) of a triatomic linear molecule OCS and the Euler angles (θ,
φ). The degree of orientation along the Z axis, and the degrees of
alignment along the Z and X axes are given by cos θ, cos2 θ, and
sin2 θ cos2 φ, respectively.

hyperpolarizability, pendular states with different parity are
coupled. Thus asymmetry with respect to the plus-minus
inversion of the polarization direction of the 2ω-laser field is
introduced and the molecules are oriented. Such a crossedpolarization configuration was theoretically investigated for
three-dimensional orientation of chiral molecules in the adiabatic regime [35]. We propose that the crossed-polarization
configuration can be used for achieving stronger orientation of
linear molecules. We provide an explicit orientation Hamiltonian of a linear molecule interacting with two-color laser
fields with perpendicularly crossed polarizations. The fielddressed rotational dynamics is analyzed by solving the timedependent Schrödinger equation (TDSE) and by the adiabatic
approximation (AA).
In an experimental configuration with nanosecond twocolor laser pulses, the second harmonic pulse has a shorter
temporal width than the fundamental pulse. Hence, for parallel fields, the alignment is created by the ω-laser field having a
longer temporal width. Once the interaction with the 2ω-laser
field becomes significant, the molecules are also oriented due
to the coupling of the pendular states having opposite parity.
In this delayed creation of the orientation, a significant discrepancy between the TDSE and the AA was pointed out [34].
For perpendicular fields, the X -polarized ω-laser field aligns
first the molecules in the X direction (see Fig. 1). When the
intensity of the 2ω-laser field polarized along the Z direction
increases and exceeds that of the ω-laser field, the molecules
become aligned and oriented toward the Z direction. In this
way, the alignment and orientation potentials along the Z
axis are generated simultaneously. We show here that this
gives rise to better adiabaticity and to stronger molecular
orientation.
The paper is organized as follows. In Sec. II, we derive the
Hamiltonian describing the interaction of a molecule and twocolor laser fields with parallel and perpendicular polarizations.
The symmetries of the Hamiltonian and the numerical methods are also explained in Sec. II. The field-dressed rotational
dynamics for parallel and perpendicular fields is discussed in
Sec. III. A summary and an outlook are provided in Sec. IV.

(1)

where B and J are the rotational constant and the angular
momentum operator, respectively.
When the external electric field is moderately strong
(1010 –1012 W/cm2 ), the light-molecule interaction Hamiltonian is given by the low-order perturbation theory [36]

1 
Hint = −
μi Ei −
αi j Ei E j
2! i j
i
−

1 
βi jk Ei E j Ek − · · · ,
3! i jk

(2)

where μ is the permanent dipole moment vector, α the polarizability tensor, and β the hyperpolarizability tensor. In
this expression (2), the electric field components, Ei with i =
x, y, z, are expressed in the molecule-fixed frame, and we need
to relate them with the laboratory-fixed frame components.
The transformation between both reference frames is given in
Appendix A.
We consider two-color laser fields, with the two electricfield components having either parallel polarizations
E  (t ) = Eω (t ) cos (ωt )eZ + E2ω (t ) cos (2ωt )eZ

(3)

or perpendicular polarizations
E ⊥ (t ) = Eω (t ) cos (ωt )eX + E2ω (t ) cos (2ωt )eZ ,

(4)

and
E2ω (t ) ≡
where
Eω (t ) ≡ Eω,0 exp (−t /2τω )
E2ω,0 exp (−t 2 /2τ2ω 2 ) are the envelopes of the ω- and
2ω-laser fields, respectively. Eω,0 (E2ω,0 ) is the peak strength
of the ω-laser (2ω-laser)
field and τω(2ω) is related to the
√
FWHM = 2τω(2ω) 2 ln 2. The phase difference between
the two electric fields is fixed at zero throughout the paper.
The evolutions of the electric field components are plotted in
Fig. 1(a).
Since we further assume that the frequencies of the ωand 2ω-laser fields are far from any molecular resonance and
much higher than the rotational frequency of the molecule,
we can average over the rapid oscillations of the nonresonant
laser fields. Then, the linear term in Eq. (2), which involves
the electric dipole moment, vanishes, whereas the second and
third terms provide the alignment and orientation interactions,
which for parallel fields take the following expressions [14]:
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Hint
(t ) = Halign
(t ) + Horient
(t ),

1

(t ) = − [Eω (t )2 + E2ω (t )2 ]α cos2 θ ,
Halign
4
1

(t ) = − Eω (t )2 E2ω (t )[3βzxx cos θ
Horient
8
+ (βzzz − 3βzxx ) cos3 θ ],

(5)
(6)

(7)
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1
Eω (t )2 E2ω (t )[(βzzz − βzxx ) cos θ
16
− (βzzz − 3βzxx )(cos3 θ − sin2 θ cos 2φ cos θ )].

⊥
(t ) = −
Horient

(10)
⊥
The ω- and 2ω-laser field components of Halign
(t ) are confined

FIG. 2. For parallel fields, (a) and (b) show alignment and orientation Hamiltonians (6) and (7), respectively, as a function of the
Euler angles in units of π . For perpendicular fields, (c) and (d) show
alignment and orientation Hamiltonians (9) and (10), respectively, as
a function of the Euler angles in units of π . The peak intensities are
Iω,0 = 3.0 × 1011 W/cm2 and I2ω,0 = 1012 W/cm2 . The interaction
potentials are expressed in units of Hz.

where α = αzz − αxx is the polarizability anisotropy with
αzz and αxx being the polarizability components parallel and
perpendicular to the molecular axis; βzzz and βzxx are the
hyperpolarizability components parallel and perpendicular
to the molecular axis. In Eqs. (6) and (7), we have omitted the terms independent of θ and φ because they only
represent an energy shift. The molecular alignment along
the Z axis is due to the double-well potential of Eq. (6),
with two minima localized at θ = 0 and θ = π as shown
in Fig. 2(a). The strength of this alignment interaction is
determined by the total intensity of the nonresonant laser
fields. The orientation term (7) shows an asymmetry in θ
and the deepest well is located near θ = 0 [see Fig. 2(b)].
As a consequence, the molecules tend to be oriented along
the +Z direction. The maximal strength of the orientation
term (7) is smaller than the maximal alignment strength
given by the Hamiltonian (6), by approximately two orders of
magnitude.
Analogously, for the perpendicular-field configuration, the
interaction Hamiltonians read
⊥
⊥
⊥
Hint
(t ) = Halign
(t ) + Horient
(t ),

1
Eω (t )2  2
⊥
cos θ
(t ) = − α E2ω (t )2 −
Halign
4
2

1
+ Eω (t )2 sin2 θ cos 2φ ,
2

(8)

(9)

to the X Z plane, and force the molecules to align along
the X and Z axes, respectively. The molecules are actually
aligned along a polarization direction of the stronger laser
field between the ω- and 2ω-laser pulses. At the same time,
the two-color perpendicular fields also generate an orientation
potential asymmetric upon the plus-minus inversion of the Z
direction. As we demonstrate in Sec. III, the orientation in the
Z direction can be significant only when the alignment along
the same Z direction also exists. These potentials (9) and (10)
are plotted in Figs. 2(c) and 2(d), respectively. Compared to
the parallel-field configuration, these alignment and orientation potentials show a more complicated dependence on the
Euler angles (θ , φ). Again, the interaction with the molecular
polarizability is the dominant one.
When the two electric fields have parallel polariza
tions, the total Hamiltonian H = Hrot + Hint
(t ) is invariant
under the rotations around the Z axis. This symmetry ensures
that the magnetic quantum number M is preserved. In this
case, the TDSE is solved by expanding the wave function
in terms of the spherical harmonics with fixed M. For twocolor laser fields with perpendicular polarizations, the total
⊥
Hamiltonian H = Hrot + Hint
(t ) couples field-free states with
different magnetic quantum numbers, but is invariant under
the reflection about the X Z plane. We then solve the TDSE
using a basis set expansion of the wave function in terms of
functions that reflect this symmetry. In particular, we employ
the Wang basis set [29,32] constructed from linear combinations of the spherical harmonics with the proper parity under
the reflection about the X Z plane. For M > 0, these states are
defined as
1
|J, M, s ≡ √ [|J, M + (−1)s |J, −M],
(11)
2
where s = 0 or 1, and for M = 0,
|J, M, s = 0 ≡ |J, 0.

(12)

In these basis functions, the parity of M + s is the preserved
quantity. This can be checked by multiplying the σZX operator,
which gives the reflection in the X Z plane, to the Wang basis
set. σZX changes the plus-minus sign of φ [29], which means
that the spherical harmonic |J, M converts to (−1)M |J, −M.
The wave functions constructed by the Wang basis set have
either even or odd parity depending on M + s.
Thus the TDSE is solved independently in the two irreducible representations of this symmetry. The nonzero matrix
elements of the Hamiltonian matrices are summarized in
Appendix B.
To solve the TDSE, we employ the time-dependent unitary
transformation method. For every time step, we calculate
the eigenstates and the corresponding eigenenergies of the
field-dressed time-independent Hamiltonian. In a single time
step, an initial wave function is expanded by the eigenstates
of the field-dressed Hamiltonian. The time evolution of the
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FIG. 3. For parallel fields, (a) orientation cos θ  and (b) alignment cos2 θ as functions of time and of the peak intensity I2ω,0 of the
2ω-laser field computed by solving the time-dependent Schrödinger equation. The adiabatic results of the orientation and alignment are
presented in (c) and (d), respectively. The peak intensity of the ω-laser field is Iω,0 = 3 × 1011 W/cm2 .

expanded wave function is obtained by adding a phase shift to
each eigenstate. More details of the method are described in
Ref. [34].
To understand the field-dressed rotational dynamics, we
have also performed AA calculations by solving the timeindependent Schrödinger equation associated with the Hamiltonian for each time step. When the field intensity changes,
since there are avoided crossings between energetically adjacent states with the same symmetry, the energy order of the
eigenstates is preserved [32]. Hence we can clarify correspondences between the field-free states and their field-dressed
states. The contribution of the adiabatic pendular eigenstates
to the time-dependent wave function allows us to interpret the
nonadiabatic dynamics.

III. FIELD-DRESSED ROTATIONAL DYNAMICS

In this section, we use the OCS molecule as a benchmark to illustrate our results, and we focus on its rotational ground state. The constants of OCS used in this work
are B = 0.203 cm−1 , αzz − αxx = 27.15 a.u., βzzz = 45.0 a.u.,
and βzxx = 59.1 a.u. [37]. Note that we have used positive
values for the hyperpolarizability components [37], so that
the ground state becomes oriented i.e., cos θ  > 0. Here, the
FWHM of the ω- and 2ω-laser pulses are fixed to 3 ns and
2 ns, respectively, and the peak intensity of the ω-laser field to
Iω,0 = 3 × 1011 W/cm2 .

A. Dynamics for two-color laser fields with
parallel polarizations

We start by analyzing the rotational dynamics of the OCS
ground state exposed to the two-color laser fields with parallel
polarizations. The degrees of alignment and orientation along
the Z axis are characterized by the expectation values cos2 θ 
and cos θ , respectively. In Figs. 3(a) and 3(b), we present the
time-dependent orientation and alignment as functions of the
time and the peak intensity of the 2ω-laser field. The corresponding adiabatic results are shown in Figs. 3(c) and 3(d).
The ground state shows a strong alignment at the peak of
the two pulses. We confirm a good agreement between the
time-dependent and adiabatic results as shown in Figs. 3(b)
and 3(d).
There are significant differences between the timedependent and adiabatic orientation as shown in Figs. 3(a)
and 3(c), the former being smaller than the latter. These
differences are a clear signature that the rotational dynamics
is nonadiabatic [28,29]. To get better physical insight into
the nonadiabatic orientation, we explore in detail the fielddressed rotational dynamics for a 2ω-laser pulse having the
peak intensity of I2ω,0 = 5 × 1011 W/cm2 , which is marked
by dotted lines in the contour plots of Fig. 3. The orientation
and alignment evolutions are plotted in Figs. 4(a) and 4(b).
We observe that the TDSE and AA results of alignment
show a very good agreement, in contrast to the results of the
orientation.
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FIG. 4. For fixed peak intensities Iω,0 = 3 × 1011 W/cm2 and
I2ω,0 = 5 × 1011 W/cm2 , time evolutions of (a) orientation and
(b) alignment, and (c) squares of the projections of the timedependent wave function onto the adiabatic pendular states. The
adiabatic results for the orientation and alignment, and temporal
profiles of the two laser pulses are also plotted.

Due to the difference in the temporal widths, the molecules
show a strong alignment cos2 θ  ∼ 0.7 already at t ≈
−2.0 ns, which is even before the interaction with the 2ωlaser field becomes significant. The rotational wave packet
is equally confined to θ = 0 and θ = π potential wells. In
addition, a quasidegenerate pendular pair is formed between
the field-dressed ground |0, 0p and excited |1, 0p states. In
the two-color laser fields, these two states have the same symmetry and are coupled due to the interaction of the molecular
hyperpolarizability with these fields. As time further goes by
and the laser pulse intensities increase, the asymmetry of the
interaction potential increases. As a consequence, a part of the
rotational wave packet tunnels through the potential barrier
from the shallow potential well (θ = π ) to the deeper one
(θ = 0), and the ground state gets oriented. The wave packet
was initially formed only in the adiabatic pendular ground
state |0, 0p . Due to its coupling with the energetically neighboring state |1, 0p , the populations are transferred between
the two states, which now contribute to the change in the
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wave packet populations. Hence the field-dressed rotational
dynamics is nonadiabatic.
This nonadiabatic dynamics is illustrated in Fig. 4(c),
with the squares of the projections of the time-dependent
wave function onto the two lowest-lying adiabatic pendular
eigenstates of the full Hamiltonian at each time step. For t 
−2.0 ns, the pendular ground state |0, 0p has the dominant
contribution to the wave packet, which is almost 1. Once
the interaction with the 2ω-laser field becomes significant, a
part of the population is transferred to the adiabatic pendular
state |1, 0p , which is antioriented. This suppresses the net
orientation, i.e., the value cos θ , of the ground-state timedependent wave function. For t  −1.3 ns, the populations
of the adiabatic states |0, 0p and |1, 0p remain constant at
0.804 and 0.196, respectively. In the adiabatic approximation,
only the adiabatic ground state contributes to the field-dressed
wave packet. Note that the two adiabatic states contributing
to the time-dependent wave functions are oriented in opposite
directions but have almost the same alignment. As a consequence, the nonadiabatic rotational dynamics is manifested
only in the orientation but not in the alignment.
We emphasize that this nonadiabatic dynamics strongly
depends on the FWHM, peak intensities, and temporal profiles of the laser fields. By comparing the results in panels
(a) and (c) of Fig. 3, we observe that, for the considered
range of the 2ω-laser field intensity, the AA calculations
do not reproduce the TDSE orientation. This indicates that
the rotational dynamics is nonadiabatic, which holds even
for 2ω-laser intensities smaller than the ω-laser intensity of
Iω,0 = 3 × 1011 W/cm2 .
Analogous to the combined-field orientation [28,29,38,39],
the adiabatic dynamics could be achieved by increasing the
temporal widths of the two pulses significantly [28,40]. We
note that, in Ref. [34], where the assumed laser pulses
are four times longer than the ones used in the present work,
the orientation dynamics can be quasiadiabatic by optimizing
the intensities of the two wavelengths. The adiabaticity of orientation dynamics can be improved by optimizing the relative
delay between the ω and 2ω laser pulses [34]. In the next
subsection, another solution for achieving the quasiadiabatic
and stronger orientation is provided.
B. Dynamics for two-color laser fields with
perpendicular polarizations

For perpendicular fields, the orientation along the Z axis,
and the alignment along the Z and X axes, i.e., cos θ ,
cos2 θ , and sin2 θ cos2 φ, respectively, are presented in
Fig. 5 as functions of the time and of the peak intensity of
the 2ω-laser pulse. The peak intensity of the ω-laser field is
Iω,0 = 3 × 1011 W/cm2 . As in the parallel field configuration,
we confirm a good agreement between the degrees of alignment computed by solving the TDSE, panels (b) and (c) of
Fig. 5, and those computed by using the AA, panels (e) and
(f) of Fig. 5. The corresponding field-dressed Hamiltonian
⊥
H = Hrot + Hint
(t ) does not have azimuthal symmetry, and the
interaction with the two fields competes to align the molecules
in mutually perpendicular directions. Indeed, the ground state
is aligned along the Z or X axis if the interaction with the
2ω- or ω-laser field is dominant, respectively [compare the
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FIG. 5. For perpendicular fields, (a) orientation cos θ, (b) alignment along the Z-axis cos2 θ, and (c) alignment along the X -axis
sin2 θ cos2 φ as functions of time and of the peak intensity I2ω,0 of the 2ω-laser field computed by solving the time-dependent Schrödinger
equation. The adiabatic results of the orientation along the Z axis and the alignment along the Z and X axes are presented in (d), (e), and (f),
respectively. The peak intensity of the ω-laser field is Iω,0 = 3 × 1011 W/cm2 . In the perpendicular configuration, either orientation along the
Z axis or alignment along the X axis can be created depending on time and the relative intensities of the ω- and 2ω-laser pulses. The inset in
(a) illustrates that the molecules are oriented (and aligned) along the Z axis under the condition I marked in (a) and (b), where t = 0 ns and
I2ω,0 = 5 × 1011 W/cm2 , while the inset in (c) illustrates that the molecules are aligned along the X axis under the condition II marked in (c),
where t = 0 ns and I2ω,0 = 1.5 × 1011 W/cm2 .

insets in Figs. 5(a) and 5(c)]. We emphasize that molecules
are not purely aligned along one direction. For Iω,0 = I2ω,0 ,
the molecules are almost equally aligned along the two axes,
with cos2 θ  = 0.459 and sin2 θ cos2 φ = 0.456 at the peak
of the laser fields t = 0 ns; the ground state is then considered
to be antialigned against the Y axis.
In contrast, the orientation is significant when the interaction with the 2ω-laser field is dominant, i.e., when the
molecules are aligned along the Z axis [see the inset in

Fig. 5(a)]. In addition, the AA calculation [see Fig. 5(d)]
does not reproduce the time-dependent orientation presented
in Fig. 5(a), which again indicates that the rotational dynamics
is nonadiabatic. Compared to the parallel field configuration,
stronger orientation is achieved. This stronger orientation can
be explained in terms of a weaker alignment along the Z
axis as a tradeoff, which is accompanied by a larger energy splitting in the lowest-lying pendular doublet, when the
interaction with the 2ω-laser field starts to dominate. For
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(maximum) at t ≈ −1.68 ns. As time further goes by,
cos2 θ  increases reaching a maximum at t = 0 ns, whereas
sin2 θ cos2 φ reaches a minimum. These time evolutions
of cos2 θ  and sin2 θ cos2 φ illustrate the interplay between the interactions with the 2ω- and ω-laser fields as
t passes. Indeed, at t ≈ −1.16 ns, we find that cos2 θ  ≈
sin2 θ cos2 φ ≈ 0.445. As t further goes by, the alignment
along the Z axis increases because the interaction due to the
2ω-laser field becomes dominant.
The combination of the 2ω- and ω-laser fields forms a
potential orienting the molecules in the +Z direction. The
orientation cos θ  increases for t  −1 ns, when the 2ωlaser field becomes stronger than the ω-laser field. We find
a relatively good agreement between the time-dependent and
adiabatic results. This can be explained in terms of the weaker
alignment along the Z axis for t ≈ −1 ns than that in the
parallel-field configuration as shown in Fig. 4(b), which implies a large energy gap between the adiabatic states |0, 0, 0p
and |1, 0, 0p forming the pendular pair. The large energy gap
between the two states is associated with a better adiabatic
criterion [28,29] for the corresponding rotational dynamics.
From the perspective of the tunneling of the rotational wave
packet between the two potential wells at θ = 0 and θ = π
[34], in the perpendicular-field configuration, the alignment
and orientation along the Z axis are created at nearly the same
time, giving rise to a quasiadiabatic rotational dynamics. Furthermore, the rotational wave packet has a larger probability to
move due to the elaborate forms of the potential in the angular
space as shown in Figs. 2(c) and 2(d), which have smaller
potential wells.
In Fig. 6(d), we show the population distributions of the
time-dependent wave function of the two adiabatic pendular
states. Compared to the parallel-field configuration presented
in Fig. 4(c), the population transferred from |0, 0, 0p , which
forms the wave packet when the dynamics is adiabatic, to
|1, 0, 0p is much smaller. As in the parallel-field configuration, the difference between the time-dependent and adiabatic
orientation dynamics becomes larger for higher intensities
of I2ω,0 as shown in Figs. 5(a) and 5(d), which illustrates
that the nonadiabatic dynamics strongly depends on the field
parameters.
FIG. 6. For perpendicular fields and laser intensities Iω,0 = 3 ×
1011 W/cm2 and I2ω,0 = 5 × 1011 W/cm2 , time evolutions of (a) orientation, (b), (c) alignment along the Z and X axes, respectively, and
(d) squares of the projections of the time-dependent wave function
onto the adiabatic pendular states. The adiabatic results for the
orientation and alignment and the temporal profiles of the two laser
pulses are also plotted.

instance, cos θ  = 0.566 and cos θ  = 0.862 at t = 0 ns,
for the parallel and perpendicular configurations, respectively,
with Iω,0 = 3 × 1011 W/cm2 and I2ω,0 = 5 × 1011 W/cm2 .
In Figs. 6(a)–6(d), we analyze in detail the nonadiabatic
dynamics of the ground state for I2ω,0 = 5 × 1011 W/cm2
and Iω,0 = 3 × 1011 W/cm2 . The corresponding dynamics
are marked with dotted lines in the contour plots of Fig. 5.
The alignment along the Z axis (X axis) initially decreases
(increases) as time goes by, and reaches broad minimum

IV. SUMMARY AND OUTLOOK

In this work, we have investigated the rotational dynamics
of OCS molecules in the presence of two-color laser fields
with the parallel and perpendicular polarizations. In particular,
we have analyzed the degrees of orientation and alignment
of the ground state as functions of the peak intensity of the
2ω-laser field and of time. Together with the time-dependent
analysis of the field-dressed rotational dynamics, we also
present an adiabatic rotational dynamics.
For the parallel-field configuration, the ground state shows
a significant alignment at t = 0, but a moderate orientation. A
comparison between the time-dependent and adiabatic analyses has proved that the field-dressed rotational dynamics is
not adiabatic. We have shown that a nonadiabatic transfer of
the population takes place when the interaction with the 2ωlaser field becomes significant, and the laser intensities further
increase. Compared to a fully adiabatic rotational dynamics,

053424-7

MUN, SAKAI, AND GONZÁLEZ-FÉREZ

PHYSICAL REVIEW A 99, 053424 (2019)

the degree of orientation obtained by solving the TDSE is
significantly suppressed. This is explained in terms of the
transfer of population from the ground pendular state to the
first excited pendular state, which is antioriented.
For perpendicular fields, the ground state is aligned along
the X or Z axis if the interaction with the ω- or 2ω-laser
field is dominant, respectively. Due to this interplay between
the interactions with the two fields, the orientation reached
at t = 0 is stronger than in the parallel-field configuration.
Most important, we have found a range of field parameters,
which are more favorable for realizing an adiabatic fielddressed dynamics. The method proposed here for achieving
quasiadiabatic control of the orientation dynamics of the
ground-state molecules is generally applicable to a thermal
molecular ensemble [34].
The field-dressed rotational dynamics has been discussed
so far in the literature for two-color lasers having parallel polarizations. In this work, we have shown that many
unexplored opportunities to control the molecular dynamics
emerge by using perpendicular fields or even more elaborate field configurations. Actually, the advantage of the
combination of a linearly polarized ω-laser field and an
elliptically polarized 2ω-laser field has been discussed in
Ref. [41]. Three-dimensional orientation of asymmetric top
molecules, which was demonstrated by the technique with
combined electrostatic and elliptically polarized laser fields
[21,33,42–44], has recently been achieved by the all-optical
technique with the crossed-polarization configuration [45]. In
addition, postpulse dynamics induced after two-color laser

pulses having short temporal widths or with a rapid turn off
[46–48] could be significantly affected by changing the polarization direction of one or both of the two-color laser pulses.
Recently, it has been reported that two one-color pulses with
perpendicular polarizations can be used for orienting angular
momentum of linear molecules, i.e., unidirectional rotation of
linear molecules [49–51]. Furthermore, if a molecule has offdiagonal components of the polarizability tensor, one-color
laser pulses with crossed or orthogonal polarizations can be
used not only for the orientation of the molecular angular
momentum but also for the orientation of the molecules
themselves [52,53]. Therefore, our two-color field approach
with perpendicularly crossed polarizations can generalize the
controlling techniques of unidirectional molecular rotation to
the oriented molecules.
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APPENDIX A: MOLECULAR AND LABORATORY FIXED FRAMES

The transformation between the laboratory-fixed frame (X, Y, Z ) and the molecule-fixed frame (x, y, z) is given by [54]
⎛ ⎞ ⎛
⎞⎛ ⎞
x
cφcθ cχ − sφsχ
sφcθ cχ + cφsχ
−sθ cχ
X
⎝y⎠ = ⎝−cφcθ sχ − sφcχ −sφcθ sχ + cφcχ
sθ sχ ⎠⎝Y ⎠,
(A1)
z
cφsθ
sφsθ
cθ
Z
where θ is the polar angle between the molecular axis, i.e., the z axis of the molecule-fixed frame, and the Z axis in the laboratoryfixed frame. φ is defined as the angle between the X axis and the projection of the z axis to the XY plane and χ represents the
rotated angle of the molecule with respect to the z axis. c and s stand for cosine and sine functions, respectively. Linear molecules
are symmetric with respect to the rotation around the molecule-fixed z axis and χ can be given as a constant, which is fixed at
zero in this work.
APPENDIX B: MATRIX ELEMENTS OF THE HAMILTONIAN

In this Appendix, we provide the matrix elements of different terms appearing in the field-free and interaction Hamiltonians
Hrot and Hint .
The rigid-rotor Hamiltonian has a nonzero diagonal element given by
J, M|J 2 |J, M = J (J + 1).
For the matrix elements of the interaction Hamiltonian, J , M |Hint |J, M, we use the integral of three spherical harmonics
[54]
1

(2J1 + 1)(2J2 + 1)(2J3 + 1) 2 J1 J2 J3
J2
J3
J1
,
d YJ3 ,M3 (θ , φ)YJ2 ,M2 (θ , φ)YJ1 ,M1 (θ , φ) =
0
0
0
M
M
M
1
2
3
4π
where (da be cf ) are Wigner-3j symbols.
The functions cos θ , cos2 θ , and sin2 θ cos 2φ are expressed in terms of the spherical harmonics Y1,0 (θ , φ), Y2,0 (θ , φ), and
Y2,±2 (θ , φ), respectively, whereas the functions cos3 θ and sin2 θ cos θ cos 2φ are expressed as the combinations of Y3,0 (θ , φ)
and Y1,0 (θ , φ), and of Y3,+2 (θ , φ) and Y3,−2 (θ , φ), respectively.
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The resultant nonzero matrix elements are



J, M| cos θ |J + 1, M =

J, M| cos2 θ |J, M =

J, M| cos2 θ |J + 2, M =

1
J, M| sin2 θ cos 2φ|J + 2, M + 2 =
2

1
J, M| sin2 θ cos 2φ|J + 2, M − 2 =
2
√
J, M| sin θ cos 2φ|J, M + 2 = −
2


J, M| cos3 θ |J + 3, M =

J, M| cos3 θ |J + 1, M =

(J + 1 + M )(J + 1 − M )
,
(2J + 1)(2J + 3)

1 2[J (J + 1) − 3M 2 ]
+
,
3 3(2J + 3)(2J − 1)
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[(J + 1)2 − M 2 ][(J + 2)2 − M 2 ]
,
(2J + 1)(2J + 3)2 (2J + 5)

(J + 1 + M )(J + 2 + M )(J + 3 + M )(J + 4 + M )
,
(2J + 1)(2J + 3)2 (2J + 5)
(J + 1 − M )(J + 2 − M )(J + 3 − M )(J + 4 − M )
,
(2J + 1)(2J + 3)2 (2J + 5)
(J + M + 1)(J + M + 2)(J − M − 1)(J − M )
,
(2J − 1)(2J + 3)

(J + 3 + M )(J + 3 − M )
J, M| cos2 θ |J + 2, M,
(2J + 5)(2J + 7)

(J + 2 + M )(J + 2 − M )
J, M| cos2 θ |J +2, M+
(2J + 3)(2J +5)


J, M| sin2 θ cos θ cos 2φ|J + 3, M + 2 =

J, M| sin2 θ cos θ cos 2φ|J + 3, M − 2 =



(J + 1 + M )(J + 1 − M )
J, M| cos2 θ |J, M,
(2J + 1)(2J + 3)

(J + M + 5)(J − M + 1)
J, M| sin2 θ cos 2φ|J + 2, M + 2,
(2J + 5)(2J + 7)
(J + M + 1)(J − M + 5)
J, M| sin2 θ cos 2φ|J + 2, M − 2,
(2J + 5)(2J + 7)


J, M| sin2 θ cos θ cos 2φ|J + 1, M + 2 =

(J + M + 4)(J − M )
J, M| sin2 θ cos 2φ|J + 2, M + 2
(2J + 3)(2J + 5)

(J + M + 3)(J − M − 1)
J, M| sin2 θ cos 2φ|J, M + 2,
+
(2J + 1)(2J + 3)


J, M| sin2 θ cos θ cos 2φ|J + 1, M − 2 =

(J + M )(J − M + 4)
J, M| sin2 θ cos 2φ|J + 2, M − 2
(2J + 3)(2J + 5)

(J + M − 1)(J − M + 3)
J, M| sin2 θ cos 2φ|J, M − 2.
+
(2J + 1)(2J + 3)

The other matrix elements used in this work can be evaluated by combining the above matrix elements.
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